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In a previous paper, [1] , we developed an asymptotic expansion for λ d of the dimer problem in powers of 1/d. In [2] computer calculations were performed to obtain some terms in this expansion, and also related quantities arising in the theory. Using results in [2] we herein will argue for the following estimates.
(1)
This entire note is to argue for (2), (3), and (4). The resut for λ 2 is exactly known, consistent with (1), which is included as the bellwether example of our algorithm to obtain (1) -(4).
In [2] we obtained in dimensions 2 and 3 a series B 0 , ..., B 5 , eq. (41)- (52) of [2] . Using eq. (22)-(27) of [2] and the theory developed in [1] one can obtain such a series B 0 , ..., B 5
in any dimension. Our algorithm to obtain (1)-(4) above, in given dimension d, is to seek the two successive B ′ s, B g and B g+1 , with minimum value of |B g − B g+1 |. Then with
and
our estimate is
The following table encapsulates the B series for d = 2, 3, 4, 5. we question whether the B 6 terms will ever be computed. We are only claiming λ 3 , say, with a certain accuracy; we do not know how to get λ 3 with greater accuracy. Because we do not have the B 6 terms, it might be better to double the error bounds of (3) and (4) above.
We give the following arguments in favor of our algorithm, (5)-(7) above.
1) The B i term in the series of B ′ s is the sum of the first i terms in a power series in x (set equal to 1) that is presumed asymptotic. Equations (5)-(7) encode the general rule of thumb wisdom for extracting a 'best value' of the sum of an asymptotic expansion in a simple way.
2) This algorithm gives a correct estimate for λ 2 , eq. (1), which is known exactly. We take this as rather compelling. 
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We have found this last argument hard to explain here, and it would also be hard to write down a precise statement corresponding to the discussion (though it could be done). But for us the fact that g = 2 for d = 2 and d = 3, and g = 4 for d = 4 and d = 5, was as important as arguments 1) and 2) above. It gives the algorithm a final ring of truth.
